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& Discriminants

Discriminant: [locus of dzgz;’wxm{e elyments m a_ Lestor
5Pa@’ 0% 72& NCUONS %/s/fadé
2
Example: VOL- C ) %] Bfﬁ“ curtnce
si uéa/ (#) =77 i £#0
a.ccrimi- é_d {P:%W&,}

hant
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3£ S~Hq g_focp)__:_ﬁ@):o

éL[fy ) for some pep”
: = N s X
coprse m Space

More. in general: /Z %@% Wba »
ety = Ho(M,L5%)
%[M,L) = { singulr sections§  olicciiminant
4 (ML)~ \Q,(M,L) \Zal)(M,L ) mufa%&?c%”%mf»
devisore in [189)

Application: moolule Spoces of Smooth divicers en M.
In that cose.: &-action on M /‘ndaa'ﬁg, & C lél(M,L)

N> /}'}20[ = Xd/(M/LyG _



Stobilizadion questions:

a1 Is thee an isom. 7’7‘la0<al,(/*4,z_>) = # O on))
for L<d<d'?

QR2. What js #}QO%(M,L)) jn thés s?bélz,mgz?

B3. Can we use thic 4o descibe the cohom. of Mly

. Bef# ber:
in small digree £7 fh rigmimes

& Backgrourd

Classicol result - Arnol'd, 1970
move  polynomials o locus of
of degree ol }{:\—-/C DX:( poly nomeals

th” one \aw M/%W
(7]
Condipwons map )ty — Yy, ;‘g%‘;”ﬂé,
P awox
’ Xdea = X,,___+-;-:M + max IX(,-XO\ + A
——
Xo o .
Arnol'd this map defines an iso 7‘7‘()2)2\) M2
provided dz2°—-2. ﬁ&&w

Vakil Wood 2015 : in the Grothendlicck grovp of vamefiec

[Xd,CM;L_)_]_ stabilizes 1o a mofivic T feenction # M
in a swifabé complitior a locali-
E\/;CM,L)_J zation of the gffhﬁnoéc;.i nng of
Vamelies

CONSTRAINTS on The answer 4o 2., (4’{.%‘% ﬁnﬂidur@)



& Resutds

Thm (0T, 2021) For all (M,L), H*(Xy ). Z)
stbilizes for k< |22E].

Moveover,

(%) IF the Vassiliev S,oea‘/aé LQuen e E4P/9=> #F_?()Su@)

cézge E
WQ{ZS at 47 A Free grded —comnug‘aﬁ\/e
THEN de)@%meu; = alybla genwotid by

(For mixed. ol struclives, tHhe isom.

is only apfer passing Yo e ascoc. graded )
Remarks:

liev ecpected adion fo oaus Guteide
(%V%%ab[z\,/ range (& ngerfhrém @@()).W /

O ton e fpy St P of

(3262 %Zsa divect computation, one el (4#) in special

(or,2014) (ML) = (P", O¢)
#k(Xc[)' @) ~ H’ACG—L(WI-M)) @) k(di;

b putzator, #H*(4 G,,,) =© A o< by

dA.
" bt h%ereurf.

Oter easy arge: C is a cure ~~> na ot
g Zot il ot



Froaf of Thm: Vassilies's metrod (1999)
HEOY) & Favyopog (Bd) o7 k>0

%fomé—wﬂaaﬁ
Vassiliev: i
cdncsidy N spectrad -
sff;g Zoa‘,on of 7 com/e/?mﬂquﬂ (=)

p small, #inil conf. of p sing. pts
4 _ . .
EP,Q = 'L/éﬂ ({Cf’ X\)Uh: d.zc S’mj[%)})__zz )
s Gnf

d S et
) Z4S
Lemma.: — Syt M~ (diag.) is @ veckr bundle

of the ewp. dim. dimly - p(mia)  For p<EZL.

To poove the. Thim, one needs To dedect the range in H(xy)
whedr is complefely diterminud by thic fict block of
Epg wit ps 2Ll

& Application:
Z‘gz {ém:gonla/ﬁwue.c u%?mg,f o
F: feber
Smaih C :3—? 7P4 07/_;: — P
curve ' Mawroni invaniant of E: EZ-p

the eehve

Then C = H-—né P(O®O)) as a smooth divior
of lage 3E+dF  with d= ﬂ%’"@.
B Gl spuge3 B) abitizes for o 4208
+ elicit i scription



e B = X Tigonal curves
g:" ”:;»?E"d’:/g o ;’lmiﬂv.h

G-‘A'MCGEX,y/a])

11 »n
R -3n+
H(8,,) stbitizes for b <577
A - QL =2
H’LC g,n) {@ng)) (=T hzd
Q%) (=7
5 ,9s) B
H(By; @) stabitizes in deg. b<|Z] and
@ z . /é_
# (ﬁ‘/ )S‘fab& é’—(g @) E’Q'J/(_xf) :
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